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Abstract. Just as a triangle is determined by its vertices, every compact convex set X

is determined by its extreme points. This fact may be presented in algebraic language, as

the claim that a point of X is extreme translates to a claim about a corresponding repre-

sentation of a commutative operator algebra. After a brief discussion of this background,

I will describe how all of these objects persist in the “noncommutative” setting. The

analogous objects, matrix convex sets and operator systems, also intertwine geometric

and algebraic properties. Moreover, the duality between them gives a tidy framework in

which to discuss problems in operator theory. I will present some recent joint work in

this area with Baruch Solel, Orr Shalit, and Ken Davidson as time permits.
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